Coupled with the multichannel discharge model and plasma synthetic jet actuator (PSJA) aerodynamic model, an analytical model to predict the performance of the PSJA array is put forward. The multichannel discharge model takes these factors into consideration, the delay time in the breakdown process, the electrical transformation of the discharge channel from a capacitor to a resistor induced by the air breakdown, and the varying plasma resistance in the discharge process. The PSJA aerodynamic model is developed based on the conservation equations of mass, momentum, energy, and the lumped capacitance method. The multichannel discharge model can simulate the multichannel discharge process and give the discharge energy in the plasma channel. With a constant heating efficiency, the time-independent heating energy deposition power in a discharge channel is obtained. Importing the heating energy, the PSJA aerodynamic model presents the evolution process of the jet. Simulation results show that the jet strength induced by a single actuator decreases with the number of actuators in the PSJA array. When the actuator number increases from 1 to 20, the weakening extent of mass ejected, peak jet velocity, and jet duration time is 62%, 54%, and 33%, respectively. The discharge efficiency increases with the actuator number, while the thermodynamic efficiency decreases with the actuator number. As a result, the total energy efficiency doesn't always increase with an increase in the number of actuators. When the discharge efficiency of a conventional one channel discharge has been a relatively large value, the total energy efficiency actually decreases with the growth of actuator number.
Introduction
Plasma actuators have attracted a lot of research attention in recent years because of the associated advantages, such as the absence of moving components, fast response, and wide bandwidth. So far promising control outcomes have been revealed in suppressing flow separation [1, 2] , alleviating turbomachinery stall [3, 4] , and shock wave/boundary layer interaction [5, 6] . A plasma synthetic jet actuator (PSJA) is one of the typical plasma actuators. The PSJA makes use of the heat released from the spark discharge process between electrodes within a small cavity where the electrodes are To simplify these conservation equations, some assumptions are adopted in this model.
(1) The body forces are negligible. The body forces are contributed to by the gravity and electromagnetic force. Compressed with the pressure force, the body forces are so small that they are negligible in almost all simulations of PSJA in the literature [22, 24, 25] . ( 2) The gas velocity in the chamber is negligible, only the velocity of gas in the throat is taken into consideration. The velocity, temperature, density, and pressure across the throat outlet and throat inlet are uniform and represented by scalar values. As heating in the actuator chamber is assumed to be uniform, the error associated with this assumption is small. (3) The gas is seen as inviscid. As the ratio of throat length to throat diameter is not large, the role of gas viscosity plays a less important role. If the throat was long and narrow, viscous forces would need to be considered.
The Conservation Equations
For inviscid flow, the integral form of the conservation equations is given as following: For the chamber control volume, the gas velocity is negligible. These conservation equations are represented as the following: To simplify these conservation equations, some assumptions are adopted in this model.
For inviscid flow, the integral form of the conservation equations is given as following:
For the chamber control volume, the gas velocity is negligible. These conservation equations are represented as the following: For the throat control volume, these conservation equations are represented as the following:
In the Equations (4)- (8), the subscripts c and t represent the averaged parameters over the chamber control volume and the throat control volume, respectively; the subscripts i and o represent the averaged parameters over the throat inlet control face and the throat outlet control face, respectively. The u indicates the averaged gas velocity over the throat control volume.
To solve these equations, these parameters including the pressure, density, and temperature over the throat inlet and outlet control face must be calculated. As shown in Figure 2 , in a different working stage, the gas flow direction is the opposite. As a result, the way to calculate the parameters over the throat inlet and outlet control face is different.
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For the throat control volume, these conservation equations are represented as the following:
In the Equations (4)- (8) , the subscripts c and t represent the averaged parameters over the chamber control volume and the throat control volume, respectively; the subscripts i and o represent the averaged parameters over the throat inlet control face and the throat outlet control face, respectively. The u indicates the averaged gas velocity over the throat control volume.
To solve these equations, these parameters including the pressure, density, and temperature over the throat inlet and outlet control face must be calculated. As shown in Figure 2 , in a different working stage, the gas flow direction is the opposite. As a result, the way to calculate the parameters over the throat inlet and outlet control face is different. In jet stage, the gas flow from the chamber to the outside environment. At this time, the parameters over the throat inlet control face are determined by the gas state parameters in the chamber, and the parameters over the throat outlet control face are determined by the gas state parameters in the throat. Additionally, when the gas flows through the throat, the diameter of the pipeline decreases quickly, which induced the local pressure loss. In this model, the local pressure loss is considered using an engineering method, as shown in Equation (9).
Taking these factors into consideration, the corresponding functions are presented as the following: In jet stage, the gas flow from the chamber to the outside environment. At this time, the parameters over the throat inlet control face are determined by the gas state parameters in the chamber, and the parameters over the throat outlet control face are determined by the gas state parameters in the throat. Additionally, when the gas flows through the throat, the diameter of the pipeline decreases quickly, which induced the local pressure loss. In this model, the local pressure loss is considered using an engineering method, as shown in Equation (9) .
Taking these factors into consideration, the corresponding functions are presented as the following: However, limiting by the throat geometry, the maximum gas velocity is the local sound speed. That means that the flow condition has two modes: To be chocked and to be unchocked. The criterion for judgment is as follows:
If flow parameters meet this criterion, the flow is considered to be choked. The pressure at the throat outlet face is calculated as follows:
In recovery stage, the gas flows from the outside environment to the chamber. At this time, the parameters over the throat inlet control face are determined by the gas state parameters in the throat; the parameters over the throat outlet control face are determined by the gas state parameters in the external environment. The corresponding functions are presented as follows:
In the above functions, λ indicates the velocity coefficient, which is calculated by the following functions:
ε(λ) and π(λ) are calculated as follows:
The Thermal Modeling
In Equation (5), Q represents the discharge heating power and the thermal energy loss. The discharge heating power can be represented by Ohm heating easily. The thermal energy loss through the wall and the electrode is modeled based on the lumped capacitance method.
The heat transfer process in the PSJA is shown in Figure 3 . Firstly, by forced convection, the heat transfers from the chamber gas to the shell inner wall. Secondly, by heat conduction through the electrodes and shell wall, the heat transfers from the shell inner wall to the shell outer wall. Thirdly, by natural convection, the heat transfers from the shell outer wall to the external air.
Similar to the electric circuit, the heat transfer process can be described as a thermal circuit, as shown in Figure 4 . T c , T w,in , T w,out , and T ∞ indicate the temperature of chamber gas, shell inner wall, shell outer wall, and external air, respectively. R in , R e , R w , and R out represent the thermal resistance of force convection, electrode conduction, shell conduction, and natural convection. C w represents the thermal capacitance of the shell. discharge heating power can be represented by Ohm heating easily. The thermal energy loss through the wall and the electrode is modeled based on the lumped capacitance method.
The heat transfer process in the PSJA is shown in Figure 3 . Firstly, by forced convection, the heat transfers from the chamber gas to the shell inner wall. Secondly, by heat conduction through the electrodes and shell wall, the heat transfers from the shell inner wall to the shell outer wall. Thirdly, by natural convection, the heat transfers from the shell outer wall to the external air. Similar to the electric circuit, the heat transfer process can be described as a thermal circuit, as shown in Figure 4 . Tc, Tw,in, Tw,out, and T∞ indicate the temperature of chamber gas, shell inner wall, shell outer wall, and external air, respectively. Rin, Re, Rw, and Rout represent the thermal resistance of force convection, electrode conduction, shell conduction, and natural convection. Cw represents the thermal capacitance of the shell. Based on the theory of engineering thermal transmission, the thermal resistance of force convection, electrode conduction, and natural convection is given as follows. Thirdly, by natural convection, the heat transfers from the shell outer wall to the external air. Similar to the electric circuit, the heat transfer process can be described as a thermal circuit, as shown in Figure 4 . Tc, Tw,in, Tw,out, and T∞ indicate the temperature of chamber gas, shell inner wall, shell outer wall, and external air, respectively. Rin, Re, Rw, and Rout represent the thermal resistance of force convection, electrode conduction, shell conduction, and natural convection. Cw represents the thermal capacitance of the shell. Based on the theory of engineering thermal transmission, the thermal resistance of force convection, electrode conduction, and natural convection is given as follows. Based on the theory of engineering thermal transmission, the thermal resistance of force convection, electrode conduction, and natural convection is given as follows.
.
The structure of the shell wall is complex, and is regarded as a combination of three simple structures, as shown in Figure 5 . The upper structure of the shell is seen as a single wall. The middle structure of the shell is seen as a single hollow cylinder wall. The subjacent structure of the shell is also seen as a single wall. The thermal resistance of the three structures is given as follows.
The total thermal resistance of the shell wall is calculated as Equation (18).
With all of the circuit components defined, the differential function obtained from the circuit shown in Figure 4 is used to solve for the wall temperature. Hence, combined with the discharge heating source, the parameter Q in Equation (10) is given.
.
It must be pointed out that the energy calculated directly using Ohm heating theory is not the heating energy. The sheath energy loss and radiation energy loss must be taken into consideration. Based on the analysis of Guillaume Dufour [19] , a heating efficiency of 50% is adopted.
also seen as a single wall. The thermal resistance of the three structures is given as follows. Figure 5 . The disassembly structure of the shell wall.
With all of the circuit components defined, the differential function obtained from the circuit shown in Figure 4 is used to solve for the wall temperature.
Hence, combined with the discharge heating source, the parameter Q in Equation (10) is given. 
Model Validation
To validate the model's reliability and accuracy, simulation results with ANSYS CFX software are compared with the results calculated from the PSJA aerodynamic model. The computation mesh created by ANSYS ICEM is fully structured, and the boundary type is labeled in Figure 6 . The actuator geometry parameters are shown in Figure 7 .
To validate the model's reliability and accuracy, simulation results with ANSYS CFX software are compared with the results calculated from the PSJA aerodynamic model. The computation mesh created by ANSYS ICEM is fully structured, and the boundary type is labeled in Figure 6 . The actuator geometry parameters are shown in Figure 7 . The solver is coupled and fully implicit with 2nd order accuracy in both time and space. A variable time step is used, which begins with 5 ns and is increased gradually to 1 μs in the simulation. Considering the high turbulent vortex produced by PSJA, the SST turbulent model is chosen. The heating power is coupled into the Navier-Stokes equations as a heat source and expressed by a CFX expression. As the purpose of this step is only to validate the PSJA model, the discharge heating source is simplified as a constant value, as shown in Equation (21). Qh is the total heating energy; 0.005 J is adopted. T is the heating time; 100 ns is chosen. V is the volume of the chamber; approximately 88e -9 m -3 . Additionally, it is assumed the actuator is uniformly heated in 
To validate the model's reliability and accuracy, simulation results with ANSYS CFX software are compared with the results calculated from the PSJA aerodynamic model. The computation mesh created by ANSYS ICEM is fully structured, and the boundary type is labeled in Figure 6 . The actuator geometry parameters are shown in Figure 7 . The solver is coupled and fully implicit with 2nd order accuracy in both time and space. A variable time step is used, which begins with 5 ns and is increased gradually to 1 μs in the simulation. Considering the high turbulent vortex produced by PSJA, the SST turbulent model is chosen. The heating power is coupled into the Navier-Stokes equations as a heat source and expressed by a CFX expression. As the purpose of this step is only to validate the PSJA model, the discharge heating source is simplified as a constant value, as shown in Equation (21). Qh is the total heating energy; 0.005 J is adopted. T is the heating time; 100 ns is chosen. V is the volume of the chamber; approximately 88e -9 m -3 . Additionally, it is assumed the actuator is uniformly heated in The solver is coupled and fully implicit with 2nd order accuracy in both time and space. A variable time step is used, which begins with 5 ns and is increased gradually to 1 µs in the simulation. Considering the high turbulent vortex produced by PSJA, the SST turbulent model is chosen. The heating power is coupled into the Navier-Stokes equations as a heat source and expressed by a CFX expression. As the purpose of this step is only to validate the PSJA model, the discharge heating source is simplified as a constant value, as shown in Equation (21) . Q h is the total heating energy; 0.005 J is adopted. T is the heating time; 100 ns is chosen. V is the volume of the chamber; approximately 88e −9 m −3 . Additionally, it is assumed the actuator is uniformly heated in this simulation.
The jet velocity at the throat outlet calculated by the ANSYS CFX and PSJA aerodynamic model is shown in Figure 8a . The results obtained from the CFX with different grid number agree well. Therefore, the grid convergence has been reached in CFX. Moreover, the small difference in the results using different turbulent models suggests that the results are not sensitive to the turbulent model. The value obtained by ANSYS CFX is 141 m/s, and the value obtained by the PSJA model is 143 m/s. The difference is only 2 m/s. The disparity of jet termination time is also little, less than 3%. The value obtained by ANSYS CFX is 269 µs, and the value obtained by the PSJA model is 275 µs. The history of gauge pressure in the chamber obtained by the two methods is also similar, as shown in Figure 8b . Overall, the PSJA model can simulate the actuator characteristic with great accuracy. 
Results and Discussion

The Discharge Energy and Discharge Efficiency
Based on the multichannel discharge technique, the discharge channel number can be increased greatly. When the energy stored in the discharge capacitor is fixed, the energy deposited in each channel varies with the discharge channel number. As energy is a critical factor determining the performance of the PSJA, the energy characteristic is first investigated.
The discharge capacitor is set as 10 nF, and the initial voltage is set as 6 kV. The discharge voltage of each electrode couple is set as 4 kV. The inductance is 1.65 μH. The sum of wire resistance and the equivalent serial resistance of the capacitor are chosen as 1.89 Ω. The discharge voltage and current waveforms with channel numbers of 1, 5, 10, and 20 are simulated. Based on the current and resistance of each discharge channel, the discharge power and discharge energy can be obtained.
The discharge voltage and current waveforms with different actuator numbers are plotted in Figure 9 . As described in [16] , the breakdown of each electrode couple happens in sequence, the time to form a complete discharge channel increases with the growth of the actuator number. What's more, with the increase in the actuator number, the total length of the discharge channel is enlarged, leading to the growth of plasma resistance. As a result, the discharge current decreases. The deposited energy in each actuator ought to decrease. 
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The discharge capacitor is set as 10 nF, and the initial voltage is set as 6 kV. The discharge voltage of each electrode couple is set as 4 kV. The inductance is 1.65 µH. The sum of wire resistance and the equivalent serial resistance of the capacitor are chosen as 1.89 Ω. The discharge voltage and current waveforms with channel numbers of 1, 5, 10, and 20 are simulated. Based on the current and resistance of each discharge channel, the discharge power and discharge energy can be obtained.
The discharge voltage and current waveforms with different actuator numbers are plotted in Figure 9 . As described in [16] , the breakdown of each electrode couple happens in sequence, the time to form a complete discharge channel increases with the growth of the actuator number. What's more, with the increase in the actuator number, the total length of the discharge channel is enlarged, leading to the growth of plasma resistance. As a result, the discharge current decreases. The deposited energy in each actuator ought to decrease. current waveforms with channel numbers of 1, 5, 10, and 20 are simulated. Based on the current and resistance of each discharge channel, the discharge power and discharge energy can be obtained.
The discharge voltage and current waveforms with different actuator numbers are plotted in Figure 9 . As described in [16] , the breakdown of each electrode couple happens in sequence, the time to form a complete discharge channel increases with the growth of the actuator number. What's more, with the increase in the actuator number, the total length of the discharge channel is enlarged, leading to the growth of plasma resistance. As a result, the discharge current decreases. The deposited energy in each actuator ought to decrease. The energy deposition power and the discharge energy in the first PSJA are obtained from the simulation results, as shown in Figure 10 . The energy deposition power (P deposition ), and discharge energy (Q discharge ) are defined in Equation (22) . With the increase in the actuator number, the energy deposition power decreases. However, as shown in Figure 10b , the deposited energy doesn't decrease linearly. Since the gap distance between electrodes in all actuators is the same, and the actuator works in series, the resistance of the plasma channel in each actuator can be considered as the same. The discharge energy in each actuator can be expressed as Equation (23), where Q is the energy stored in the capacitor, R arc indicates the resistance of plasma channel, n is the actuator number, and R 0 is the external resistance in the discharge circuit. Therefore, if the actuator number increases, the deposited energy in one actuator doesn't decrease linearly. When the actuator number increases from 1 to 20, the deposited energy in the first actuator decreases 76.7% instead of 95%. In this way, the total energy deposited in all actuators increases, as shown in Figure 11 . This means more energy stored in the capacitor is released in the discharge channel, leading to the improvement of discharge efficiency η d , which is defined in Equation (24) . Figure 12 shows the deposited energy in each actuator with different actuator numbers. This figure shows that in this multichannel discharge mode, the deposited energy in a different actuator is almost the same. The coefficient of variation with 5, 10, and 20 actuators is 3.8%, 3.32%, and 4.77%, respectively. Based on the previous research [18] , the breakdown of the electrode couple in each actuator happens in sequence. Coupled with the results shown in Figure 12 , it concludes that although the time when the breakdown of the electrode couple in each actuator happens is different, the deposited energy is the same. The breakdown order has little influence on the deposited energy. Figure 12 shows the deposited energy in each actuator with different actuator numbers. This figure shows that in this multichannel discharge mode, the deposited energy in a different actuator is almost the same. The coefficient of variation with 5, 10, and 20 actuators is 3.8%, 3.32%, and 4.77%, respectively. Based on the previous research [18] , the breakdown of the electrode couple in each actuator happens in sequence. Coupled with the results shown in Figure 12 , it concludes that although the time when the breakdown of the electrode couple in each actuator happens is different, Figure 12 shows the deposited energy in each actuator with different actuator numbers. This figure shows that in this multichannel discharge mode, the deposited energy in a different actuator is almost the same. The coefficient of variation with 5, 10, and 20 actuators is 3.8%, 3.32%, and 4.77%, respectively. Based on the previous research [18] , the breakdown of the electrode couple in each actuator happens in sequence. Coupled with the results shown in Figure 12 , it concludes that although the time when the breakdown of the electrode couple in each actuator happens is different, Figure 11 . The total discharge energy and discharge efficiency versus actuator number. 
The Characteristics of a Composition of PSJA Array
As shown in Figure 12 , with the increase in the actuator number, the energy deposited in a single actuator decreases. As a result, the performance of the actuator ought to slow down. The history of jet velocity and gas density at the throat outlet is shown in Figure 13a ,b, respectively. Obviously, the jet velocity and duration decreases with the increase in the actuator number. However, the gas density at the throat outlet increases with the increase of actuator number. As the gas kinetic energy is proportional to the gas density, the growth of gas density benefits the gas kinetic energy. 
As shown in Figure 12 , with the increase in the actuator number, the energy deposited in a single actuator decreases. As a result, the performance of the actuator ought to slow down. The history of jet velocity and gas density at the throat outlet is shown in Figure 13a ,b, respectively. Obviously, the jet velocity and duration decreases with the increase in the actuator number. However, the gas density at the throat outlet increases with the increase of actuator number. As the gas kinetic energy is proportional to the gas density, the growth of gas density benefits the gas kinetic energy.
(a) (b) Figure 13 . The history of gas velocity and gas density at the throat outlet versus actuator number. (a) is the gas velocity and (b) is the gas density.
The jet peak velocity, duration time, and mass ejected with different numbers of PSJA are calculated and results are as shown in Figure 14a . The peak velocity is defined as the maximum velocity at the throat outlet. The definition of the jet duration time can be found in Figure 8a . The mass ejected means the total mass of gas left in the PSJA chamber throughout the ejection process. These parameters decrease with the increase in the actuator number, but the rate at which they decline slows. These parameters are normalized by dividing the value with that of only one actuator, as shown in Figure 14b . This figure shows that the mass ejected is greatly influenced by the actuator. The influence of actuator number on jet duration time is weakest compared with the other two parameters. When the actuator increases to 20, the jet duration time decreases by 33%, while the peak velocity and mass ejected decrease by 54% and 62%, respectively. Figure 13 . The history of gas velocity and gas density at the throat outlet versus actuator number. (a) is the gas velocity and (b) is the gas density.
The jet peak velocity, duration time, and mass ejected with different numbers of PSJA are calculated and results are as shown in Figure 14a . The peak velocity is defined as the maximum velocity at the throat outlet. The definition of the jet duration time can be found in Figure 8a . The mass ejected means the total mass of gas left in the PSJA chamber throughout the ejection process. These parameters decrease with the increase in the actuator number, but the rate at which they decline slows. These parameters are normalized by dividing the value with that of only one actuator, as shown in Figure 14b . This figure shows that the mass ejected is greatly influenced by the actuator. The influence of actuator number on jet duration time is weakest compared with the other two parameters. When the actuator increases to 20, the jet duration time decreases by 33%, while the peak velocity and mass ejected decrease by 54% and 62%, respectively. The jet kinetic energy can be calculated as shown in Equation (25), where ρo(t) and u(t) are the jet density and velocity at the throat outlet face; At indicates the throat outlet area; Tjet represents the jet duration time. The variation of jet kinetic energy of a single actuator with actuator numbers is shown in Figure 15 . As it is proportional to the third power of the velocity, the kinetic energy decreases quickly with the increase in the actuator number. When the actuator number increases to 20, the jet kinetic energy decreases by 92%. The jet kinetic energy can be calculated as shown in Equation (25), where ρ o (t) and u(t) are the jet density and velocity at the throat outlet face; A t indicates the throat outlet area; T jet represents the jet duration time. The variation of jet kinetic energy of a single actuator with actuator numbers is shown in Figure 15 . As it is proportional to the third power of the velocity, the kinetic energy decreases quickly with the increase in the actuator number. When the actuator number increases to 20, the jet kinetic energy decreases by 92%.
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(25) Figure 15 . The gas kinetic energy versus actuator number.
The Energy Characteristics of PSJA Array
The total kinetic energy of all actuators is calculated using Equation (26), which varies with the actuator number, as shown in Figure 16 . In Equation (26), k is the concrete actuator; and n is the number of PSJA actuators in the PSJA array. Firstly, the total kinetic energy increases with the number of actuators. Then it begins to decrease, suggesting that the maximum total kinetic energy is not necessarily produced by the array containing more PSJAs and an optimal number of PSJAs exists. The characteristic of total kinetic energy is different from that of the total discharge energy, as shown in Figure 11 , which will be investigated below. Figure 15 . The gas kinetic energy versus actuator number.
The total kinetic energy of all actuators is calculated using Equation (26), which varies with the actuator number, as shown in Figure 16 . In Equation (26), k is the concrete actuator; and n is the number of PSJA actuators in the PSJA array. Firstly, the total kinetic energy increases with the number of actuators. Then it begins to decrease, suggesting that the maximum total kinetic energy is not necessarily produced by the array containing more PSJAs and an optimal number of PSJAs exists. The characteristic of total kinetic energy is different from that of the total discharge energy, as shown in Figure 11 , which will be investigated below.
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In the whole working process of the actuator, the energy stored in the capacitor transforms to the kinetic energy indirectly, as shown in Figure 17 . The thermodynamic recycle efficiency ηt is defined in Equation (27) follows. The variation of ηt with different actuator number is shown in Figure 18 . As the actuator number increases, the energy deposited in an actuator decreases. Based on the research results of Zong et al. [26] , the thermodynamic efficiency decreases with the decrease of heating energy. With the increase of actuator number, the heating energy decreases. Therefore, the thermodynamic efficiency decreases when there are more PSJAs. As a result, the total gas kinetic energy doesn't always increase with an increase of actuator number. In the whole working process of the actuator, the energy stored in the capacitor transforms to the kinetic energy indirectly, as shown in Figure 17 . The thermodynamic recycle efficiency η t is defined in Equation (27) follows. The variation of η t with different actuator number is shown in Figure 18 . As the actuator number increases, the energy deposited in an actuator decreases. Based on the research results of Zong et al. [26] , the thermodynamic efficiency decreases with the decrease of heating energy. With the increase of actuator number, the heating energy decreases. Therefore, the thermodynamic efficiency decreases when there are more PSJAs. As a result, the total gas kinetic energy doesn't always increase with an increase of actuator number.
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(27) Figure 17 . The total gas kinetic energy versus actuator number. Figure 18 . The thermodynamic efficiency versus actuator number.
The Influence of Extra Resistance
It is observed that the total extra resistance, including the wire resistance and the equivalent serial resistance of the discharge capacitor, affects the performance of the PSJA array greatly. In this part, these factors are studied. The extra resistance is set as 0.1 Ω and 10 Ω in case 1 and case 2 respectively.
The total discharge energy and discharge efficiency versus actuator number with different extra resistance are shown in Figure 19 . In case 1, the extra resistance is only 0.1 Ω, and the discharge efficiency of one actuator is 72%. In contrast, the discharge efficiency of one actuator in case 2 (larger extra resistance) is as low as 5%. With the increase in the actuator number, the of heating energy. With the increase of actuator number, the heating energy decreases. Therefore, the thermodynamic efficiency decreases when there are more PSJAs. As a result, the total gas kinetic energy doesn't always increase with an increase of actuator number.
The total discharge energy and discharge efficiency versus actuator number with different extra resistance are shown in Figure 19 . In case 1, the extra resistance is only 0.1 Ω, and the discharge efficiency of one actuator is 72%. In contrast, the discharge efficiency of one actuator in case 2 (larger extra resistance) is as low as 5%. With the increase in the actuator number, the 
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The total discharge energy and discharge efficiency versus actuator number with different extra resistance are shown in Figure 19 . In case 1, the extra resistance is only 0.1 Ω, and the discharge efficiency of one actuator is 72%. In contrast, the discharge efficiency of one actuator in case 2 (larger extra resistance) is as low as 5%. With the increase in the actuator number, the discharge efficiency in the two cases increases. However, the increased levels are different. When the actuator number increases to 20, the discharge efficiency in case 1 increases to 94%, which is 30% larger than the initial discharge efficiency (72%). But in case 2, the discharge efficiency increases to 38%, which is almost six times larger than the initial discharge efficiency (5%). discharge efficiency in the two cases increases. However, the increased levels are different. When the actuator number increases to 20, the discharge efficiency in case 1 increases to 94%, which is 30% larger than the initial discharge efficiency (72%). But in case 2, the discharge efficiency increases to 38%, which is almost six times larger than the initial discharge efficiency (5%). The variation of total gas kinetic energy with actuator number under different extra resistance is shown in Figure 20 . The revealed trends are completely different when different extra resistance is used. In case 1, the total gas kinetic energy decreases with the increase in the actuator number. However, in case 2, the opposite trend happens. Instead of decreasing, the total kinetic energy increases when more actuators are used. In case 2, the total gas kinetic energy with 20 actuators is nearly four times of that with one actuator. The variation of total gas kinetic energy with actuator number under different extra resistance is shown in Figure 20 . The revealed trends are completely different when different extra resistance is used. In case 1, the total gas kinetic energy decreases with the increase in the actuator number. However, in case 2, the opposite trend happens. Instead of decreasing, the total kinetic energy increases when more actuators are used. In case 2, the total gas kinetic energy with 20 actuators is nearly four times of that with one actuator. Figure 19 . The total discharge energy and efficiency versus actuator number with different extra resistance.
The variation of total gas kinetic energy with actuator number under different extra resistance is shown in Figure 20 . The revealed trends are completely different when different extra resistance is used. In case 1, the total gas kinetic energy decreases with the increase in the actuator number. However, in case 2, the opposite trend happens. Instead of decreasing, the total kinetic energy increases when more actuators are used. In case 2, the total gas kinetic energy with 20 actuators is nearly four times of that with one actuator. The reason for the distinctive variations revealed in Figure 20 is given as follows. The discharge efficiency increases with actuator number, but the thermodynamic efficiency decreases, while the variation speed is different. The discharge efficiency and thermodynamics efficiency with different actuator numbers are normalized by that with only one actuator, as shown in Figure 21 . The larger the extra resistance is, the larger the increase in the discharge efficiency is, and the smaller the decrease in the thermodynamic efficiency is. As a result, with a large extra resistance, the total efficiency grows with the increase in the actuator number. However, with a small extra resistance, the total efficiency decreases with the increase in the actuator number. The reason for the distinctive variations revealed in Figure 20 is given as follows. The discharge efficiency increases with actuator number, but the thermodynamic efficiency decreases, while the variation speed is different. The discharge efficiency and thermodynamics efficiency with different actuator numbers are normalized by that with only one actuator, as shown in Figure 21 . The larger the extra resistance is, the larger the increase in the discharge efficiency is, and the smaller the decrease in the thermodynamic efficiency is. As a result, with a large extra resistance, the total efficiency grows with the increase in the actuator number. However, with a small extra resistance, the total efficiency decreases with the increase in the actuator number. In conclusion, when the extra resistance is large, the energy efficiency of the PSJA array is higher than that of conventional PSJA. Actually, in the practical application, the extra resistance is relatively large. In the experiment on control of the shock boundary layer interaction using PSJA by Greene et al. [27] , a resistance (max 1.5 kΩ) is adopted in the discharge circuit. In the experiment of Narayanaswamy et al. [26, 28, 29] , a ballast resistance is also adopted in the discharge circuit. In the experiment of Jichul Shin [30] [31] [32] , a ballast resistance (max several kilo Ohm) is adopted in the discharge circuit as well. Therefore, there is reason to believe the PSJA array driven by the multichannel discharge technology can play an important role in the practical flow control application.
Conclusion
In this paper, based on the electronic theory, the conservation equations of mass, momentum, energy, and the lumped capacitance method, the multichannel discharge model, and plasma synthesis jet actuator model are put forward. Coupled with the two models, an analytical model to simulate the characteristics of the PSJA array is developed. Based on this model, the influence of actuator number in the PSJA array is investigated. The main conclusions are as follows. In conclusion, when the extra resistance is large, the energy efficiency of the PSJA array is higher than that of conventional PSJA. Actually, in the practical application, the extra resistance is relatively large. In the experiment on control of the shock boundary layer interaction using PSJA by Greene et al. [27] , a resistance (max 1.5 kΩ) is adopted in the discharge circuit. In the experiment of Narayanaswamy et al. [26, 28, 29] , a ballast resistance is also adopted in the discharge circuit. In the experiment of Jichul Shin [30, 31] , a ballast resistance (max several kilo Ohm) is adopted in the discharge circuit as well. Therefore, there is reason to believe the PSJA array driven by the multichannel discharge technology can play an important role in the practical flow control application.
